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Abstract. Background subtraction is an important task in video
processing and many algorithms are developed for solving this task. The
vast majority uses the static behavior of the scene or texture informa-
tion for separating foreground and background. In this paper we present
a novel approach based on the integration of the unsteady vector field
embedded in the video. Our method does not learn from the background
and neither uses static behavior or texture for detecting the background.
This solution is based on motion extraction from the scene by plane-curve
intersection. The set of blobs generated by the algorithm are equipped
with local motion information which can be used for further image analy-
sis tasks. The proposed approach has been evaluated with a standard
benchmark with competitive results against state of the art methods.

Keywords: Background subtraction · Motion detection · Optical flow ·
Vector field integration

1 Introduction

Video analysis has become an active research topic in Computer Science with
application in robotics, video surveillance, pose estimation, human computer
interaction, etc. One of the first step in all these video applications is the back-
ground/foreground subtraction of the scene. Nevertheless, performing this task,
in an automatic way, remains an important and difficult challenge.

A common way to perform background subtraction is to train a model with
images while their are appearing, and then use the last one for testing if it
is adjusted to the model. Another simpler strategy is to compute the difference
between the current frame and the last one. Modern change detection algorithms
are generally split into three parts [16]: first, a background model of the scene is
created and periodically updated by analyzing frames from the video sequence.
Then, preliminary foreground/background segmentation labels (or probabilities)
are assigned to all pixels of every new frame based on their similarity to the
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model. Finally, regularization is used to combine information from neighbor-
ing pixels and to make sure uniform regions are assigned homogeneous labels.
Because of the wide range of possible scenarios and the parameters that control
model sensitivity, the foreground/background segmentation can be very difficult
to obtain in some cases, especially when illumination variations, dynamic back-
ground elements and camouflaged objects are all present in a scene at the same
time.

In this paper we present a novel background subtraction algorithm based on
motion change detection through optical flow integration. Our algorithm com-
putes a set of trajectories from the velocity field described by the optical flow.
The resulting set of trajectories are used to extract the background/foreground
of the video stream. Additionally, they provide a model of the foreground objects
characterized by their punctual velocity, curvature and torsion which could rep-
resent useful features for several applications, such as video surveillance.

2 Vector Fields

Vector fields are classified by its time dependency in two main groups, steady
and unsteady vector fields. Steady vector fields represent time-independent flows
(e.g. laminar flows) while the unsteady or time-dependent (e.g. turbulent flows)
case are the most complex and represent the changes of the flow over the space-
time domain.

An unsteady vector field in R
n is mathematically represented by a continuous

vector-valued function Vtime(X, t) on a manifold M where the spatial component
is represented by X ∈ R

n−1 and temporal dimension is given by t ∈ R. For such
a reason Vtime is modeled as a system of Ordinary Differential Equations (ODE)
dX
dt = Vtime(X, t). In other words Vtime is a map ς : Rn−1 × R with initial con-
ditions X(t0) where its solutions are called characteristic curves, tangent curves
or orbits [18,24].

On the other hand a video can be seen like a map V : R2 × R where all
frames Fi ∈ R

2 evolve in time T ∈ R. The color information represented by each
frame Fi simulates an apparent movement over the temporal domain from Fi

to Fi+1. The pattern of motion at each pixel on the scene is computed through
the partial derivatives of F [1,4]. The optical flow is known as a 2-dimensional
steady vector field densely sampled over the frame space.

Massless particles trajectories are computed integrating Vtime in space as well
as in the time-space dimension. These trajectories are classified in four different
types, depending on the integration space; all of them differ for the unsteady
case, while for the steady case all trajectories coincide. For our purpose we only
have to consider pathlines which represent the movement of massless particles
over the space–time domain. The arc-length parametrization of a pathline P
starting at point p(x(t0)) is defined as:

p(x(t0)) = x0 +
∫ tn

t0

V (x(t), t)dt (1)
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As trajectories model the motion of the flow, other local characteristics are
defined over Vtime. Curvature, torsion and instantaneous velocity are intrinsic
magnitudes of the vector field which are defined at each non critical point. These
properties can be assigned to each curve in every visited point [18,23].

3 Related Work

Background Subtraction (BS ) is the first step applied to detect regions of interest
in a video stream. It consists on creating a background model, so that it is
possible to discriminate between the static elements and the moving objects in a
video sequence. The simplest way to do this is to subtract the current image from
a reference image. However, this method is susceptible to illumination changes.
Finding a good reference image for BS is complicated due to the dynamic nature
of real-world scenes.

Instead of using a fixed reference image for BS, some of the first adaptive
methods used pixel intensity average and filtering to create a parametric back-
ground model. This kind of approach is robust to noise and can slowly adapt
to global illumination variations, but is generally inadequate against shadows.
Gaussian mixture models [5,17] were introduced to solve the latter problem,
this approach can handle a dynamic background by using a mixture of Gaussian
probability density functions over the color intensities of the image. This app-
roach remains to this day a very popular solution.

BS based on non-parametric models have also been proposed [3]. Unlike
parametric models, these rely directly on the local intensity of observations to
estimate background probability density functions at individual pixel locations.

Another approach that deals with a multimodal background model is the
so-called codebook [8,25]. This method assigns to each background pixel a series
of key color values (codewords) stored in a codebook. These codewords will take
over particular color in a certain period of time. BS has also been achieved by
other methodologies. In [15] the authors improve the subtraction by superpixels
and Markov Random Fields; [7] proposes an approach based on region-level,
frame-level [12,20] or hybrid frame/region-level [11,19] comparisons to explicitly
model the spatial dependencies of neighboring pixels.

The use of methods based on artificial neural network have achieved good
results [9,10] on different scenarios without prior knowledge. However, this kind
of approach requires a very large training period. Hybrid approaches have also
been proposed. For instance, in [22] the authors combine flux tensor-based
motion detection and classification results from a Split Gaussian Mixture Model,
and use object-level processing to differentiate static foreground objects from
ghost artifacts.

In contrast with previous work, the proposed approach focuses on detecting
the foreground based on motion detection through optical flow; once the fore-
ground is detected, the rest of the image is the background. This does not require
a training stage, and as a byproduct gives motion information on the moving
blobs, which could be used for further analysis.
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4 A Pathline-Based Approach for Background
Subtraction

The core idea of this method is based on the computation of pathlines behind
the unsteady vector field embedded in the video. The flow field construction
works over the optical flow extracted in a few continuous sequence of frames.
The methodology used in this work is shown in Fig. 1 and described below.

Fig. 1. Methodology of the pathline-based background subtraction strategy over online
and offline videos.

Optical Flow: In order to compute the optical flow [4] we take a segment of
15 frames from the video. We select only 15 frames for reducing computational
time and drifting [21], but the algorithm is able to work with as many frames as
required. From the optical flow we compute the steady vector field (non-time-
dependent vector field) over each pair of consecutive frames [4] obtaining a list
of N steady vector fields.

Unsteady Vector Field: Over the list of steady vector field is generated in
the previous step we compute a 2-dimensional unsteady vector field. This field
is transformed into a 3-dimensional steady vector field with time implicitly in
the z-direction. To accomplish this task we generate a grid in R3 and put in
each position p(x, y, z) of the grid the vector v(u, v, 1) [24]. This dimensionality
augmentation in Eq. 1 facilitates the integration of the vector field and increases
the accuracy and speed of the numerical integration schema. The new dimen-
sion incorporated to each vector (z = 1) integrates over t which represents the
temporal component of the data set.

Pathline Computation: The integration of the vector field with initial con-
ditions produces a set of trajectories called pathlines. These pathlines describe
the motion of the massless particle over the space-time domain. Here we sample
the grid in a regular way for producing a set of curves parametrized by time.
This set of curves represents the motion of color information (pixels) over the
selected frames (See Subsect. 5.1).

Pathline Filtering: At the same time that pathlines are being generated,
a filtering process is taking place. The orientation of this kind of trajecto-
ries is important for its later discrimination. Background pixels move more in
z-direction than in the other two. For that reason we seed a pathline anywhere
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in our sampled grid but we restrict its travel over the space-time taking into
account its orientation (See Subsect. 5.2).

Removing Foreground: The filtered pathline bundle contains only trajectories
associated with the motion of the scene represented by the set of frames. These
trajectories were generated over a continuous space and hence they store inter-
pixel information as well inter-frame information. A discretization process of the
curve takes place in this step as well as the plane-curve intersection for detecting
motion in each frame. Each curve intersects at least one frame in only one point.
These intersection points are taken as foreground points (See Sect. 6 for more
details).

In each frame, the coordinates of moving blobs (foreground) is given by the
intersection points of the pathline bundle with each frame. Once a set of (15)
frames (chunk) is processed, the next video segment is analyzed. It is important
to note that N frames produce only N − 1 steady vector fields. For this reason
we have to start the next set taking one value before the previous set ends. This
consideration guaranties that motion never ends between each pair of video
segments. It is possible that the last set does not fulfill the size of our sample
and we recommend for that cases to join the residual set with the previous one
so that no motion information is lost.

5 Tracking Motion over an Unsteady Vector Field

Considering pixels as massless particles moving over the flow described by the
embedded unsteady vector field we can track their information by means of inte-
grating the ODE system Vtime with initial conditions over the sampled grid. For
our purpose we select Runge-Kutta [2] of 4th order to integrate the ODE system.
This method is applied for CFD by the Computational Fluids Dynamics com-
munity for its accuracy and speed. Our image grid is equipped with a trillinear
interpolation schema [14]. This interpolation algorithm allow us to reach a good
approximation of trajectories in points where the field is not explicitly defined.

5.1 Dense Pathline Computation

For the sake of capturing the motion in more detail a dense set of pathlines is
computed [13]. The dense characteristic of the set is given by the seeding strategy
used by the integration algorithm. The grid that contains Vtime is sampled in the
x and y directions by a step factor that separates one spatial initial condition
from another. For the temporal domain, we sample the grid one-to-one, so that
no temporal information is lost.

Once the initial condition is set, the stop condition must be defined. Given a
pathline P starting at p0(x0, y0, t0) we advect the flow until the next computed
point fulfills one of these three conditions: pn goes out of the domain, pn reaches
a critical point or the vector from pn to pn−1 is almost normal to the XY plane.
For instance, suppose we have a video of 340 × 240 and a duration of 10 frames.
A video like this produces a 3-dimensional steady vector field Vtime over the
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domain 240 × 480 × 10. (It is evident that beyond that limits Vtime it is not
defined as well as in critical points (||Vtime(p)|| = 0) [6].

5.2 Filtering Pathlines by Their Orientation

In the previous section it is omitted the third stop rule of the integration algo-
rithm because of its importance. The first two rules only guaranty that every
evaluated point in Vtime is defined and are mandatory to use them while in vec-
tor field integration. For our context we add a third rule to isolate automatically
background and foreground.

As we mention earlier, background information can be approximated by
a straight line parallel to the z-axis. For such a reason our third rule
states that given two consecutive points, pi and pi+1, of the same curve,
the distances are defined as: xdistance = |xi − xi+1|, ydistance = |yi − yi+1| and
zdistance = |zi − zi+1|. The orientation condition is reached when the zdistance is
larger than a threshold (three in our experiments).

Identifying this kind of points while integrating reduces dramatically the
execution time of the algorithm and avoids regions where the texture of the
objects in the scene coincides with the background texture.

6 Background Subtraction

At this point all the pathlines are filtered and the resulting bundle only represents
the motion of the objects over a continuous space. A good representation of the
motion at each frame is achieved by means of a discretization of the curve space
in the z-direction. This process is given by moving a plane over the frame space
and computing the intersections of the curves with the plane for each movement.

Given the plane equation F = (1, 0, t) + λ(0, 1, t) + β(0, 0, t) and a pathline
P (s) parametrized by its z-component we can compute the intersection point
I(x, y, t) where P crosses F , t ∈ [1..15]. The foreground in frame F at time t
is defined by the set of points I generated by the intersection of the pathline
bundle with the image plane.

The point set generated by the intersection of pathlines with the list of frames
conforms the motion of the scene but it is a sparse representation of the motion.
To eliminate “holes” in the frame a morphological operation –dilatation– is
applied. This operation is accomplished by means of drawing a square at each
foreground point in each frame with a size of GridSpaceX/2. This strategy
guaranties the connection between all points in each moving blob producing a
continuous region (see Fig. 2(c)).

It is evident that blobs generated by this algorithm are larger than the orig-
inal moving objects. For reducing this information we compute the frame dif-
ference between Ft and Ft−1, in order to generate a mask that contains the
original moving objects but also noise. Using a bitwise AND operation between
the resulting image from our approach and the image produced by frame dif-
ference it is possible to eliminate noise and outliers, resulting in a more robust
blob (See Fig. 3 last column).
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Fig. 2. Visual representation of the plane-curve intersection in the Change Detection
Dataset (frame 475): (a) Original image. (b) Points where the pathline bundle intersects
the frame. (c) Morphological dilatation applied over the point set

7 Experimental Results

To evaluate our approach, we use the benchmark introduced for the 2012 CVPR
Workshop on Change Detection. This data set offers different types of realistic
condition scenarios, along with an accurate ground truth data. From this bench-
mark, we are using four categories: highway, office, pedestrians and PETS2006;
evaluating our method with 6049 images. This data set has been used to test
several state-of-the-art background subtraction methods. Figure 3 illustrates an
example from each category, with the results of the proposed background sub-
traction method as well as another state-of-the-art method.

For evaluation we used two sets of outdoor and two sets of indoor image
sequences. Considering that our method is based on motion detection, the out-
door sets present a significant challenge due to the moving background ele-
ments. Experimental results are presented using precision and recall (see Fig. 4).
Besides, we are comparing these results with another two state of the art meth-
ods [16,17], and also with the simplest background subtraction, frame difference
(FD). All our experiments were done on an Intel i7 CPU at 3.3 GHz, using the
OpenCV library.

Figure 4(a) depicts a plot with the precision metrics for each category of the
data set. We observe that our method obtains high values for every category.
Although it does not have the highest precision value, it is about three times
faster than the one that gets the best results. In Fig. 4(c) we show the time
needed to process each one of the data set categories.

On the other hand, we don’t get the best results in the recall metric, as it is
shown in Fig. 4(b). This is because our approach is based on motion detection,
and when an object stops is not possible to detect it. However, this background
subtraction strategy not only separates moving objects from the background,
but also provides relevant information about the moving objects, for instance,
velocity, curvature and torsion. These local properties are presented intrinsically
in the unsteady vector field embedded in the video and are computed during
integration. Our resulting image is modeled as a 3-channel matrix where the
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Fig. 3. Background subtraction results. The first column shows a set of images from
the data set. In the second column we can see the ground truth. The third column
depicts the results of SuBSENSE [16], and in the last column we can see the results of
our method.

(a) Precision plot. (b) Recall plot. (c) Time.

Fig. 4. Precision (a) and Recall (b) plots for each category in the data set. Blue
(Hexagon), red (Triangle) and magenta (Circle) lines represents the Frame Differ-
ence, Gaussian Mixture Model and SuBSENSE methods, respectively; while the black
(Square) line is for our method. We also show the time (c) required by every method
to process each category. (Color figure online)

first channel stores the instantaneous velocity, the second channel stores the
curvature and the last one stores the torsion. In that way, our blob is more
informative than classical blobs.
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8 Conclusions

In this paper we presented a novel approach for background subtraction based
on the integration of the unsteady vector field embedded in the video. Our
method is not based on the steadiness of the scene and neither on texture infor-
mation; but on motion detection based on optical flow. For such a reason this
proposal is particularly useful for scenarios where the background change con-
stantly. Experimental results in a benchmark data set that includes dynamic
scenarios, demonstrate that our method is efficient and competitive with other
state-of-the-art techniques; in particular it is able to capture all moving blobs no
matter how small they are. Besides the blob identification, our method is able to
compute local scalar quantities (velocity, curvature, torsion) that increase the
blob information, providing useful features for further processing, such as object
tracking and classification.
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