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                     Abstract
In this chapter we continue our study of the Hardy-Littlewood maximal operator. In Chap. 3 we showed that the log Hölder continuity conditions LH
              0 and LH
              
                ∞
               are sufficient for the maximal operator to be bounded. In this chapter we will show that they are not necessary, even though they are the best possible pointwise decay conditions. To find weaker sufficient conditions we build upon the proof of Theorem 3.16, which showed that LH
              0 and LH
              
                ∞
               play distinct roles.
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